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1
LOCATING MULTI-PHASE FAULTS IN
UNGROUNDED POWER DISTRIBUTION
SYSTEMS

FIELD OF THE INVENTION

The present invention relates generally to power distri-
bution systems, and more particularly to detecting and
locating a multi-phase fault in an ungrounded power distri-
bution system.

BACKGROUND OF THE INVENTION

Power distribution systems can be susceptible to fault
conditions. The faults need to be corrected as soon as
possible to reduce power outage time and avoid equipment
damage. The correction of fault conditions requires an
accurate and fast estimation of the locations of the faults.

Several methods have been used for locating multi-phase
faults in distribution systems. For example, U.S. Pat. No.
5,682,100 describes traveling wave methods for estimating
the fault location. Receiver stations are installed along the
power distribution system at locations for sensing and
recording time-intervals between each transient fault pulse.
The fault location is determined based on these timing
intervals, known time delays and the known propagation
velocity of the electric power cables in the power distribu-
tion system.

The method described in U.S. Pat. No. 8,346,207 uses a
similar approach. Multiple radio transceivers are installed at
several locations along the distribution feeder and fault
location is determined by a central computer comparing the
time of arrival of the signals. However both methods require
installation of additional fault measurement devices in the
power distribution system, which increase cost.

Another method described in U.S. Pat. No. 5,773,980
describes an impedance-based fault location method for
multi-phase faults in power distribution networks. That
method calculates a fault impedance by correcting errors due
to the interaction of fault resistance and load current. How-
ever, the method uses an approximate line model for distri-
bution lines.

The method described in U.S. Pat. No. 6,483,435 calcu-
lates fault loop impedance to determine the fault location in
an event of multi-phase faults. The method uses sequence
components of line for fault location thus approximating the
distribution line model and allowing approximation errors in
the fault location. Also, the method assumes that the fault is
resistive and does not include effects of the fault impedance.

Accordingly, there is a need for locating multi-phase
faults in the power distribution systems.

SUMMARY OF THE INVENTION

Various embodiments of invention determine the location
of a multi-phase fault, such as phase-to-phase, double-
phase-to-ground and three-phase faults, in an ungrounded
power distribution system based on measurements collected
during operation of the system. For example, the measure-
ments can be determined by the measuring units or sensors
installed at feeder breakers and switches.

The embodiments of the invention are based on the
realization that when multiple measuring points for distri-
bution feeders are used, the possible faulted area can be
attributed to a smaller section, of the feeder. Some embodi-
ments of the invention use the measurements collected from
the feeder breakers at the roots of feeders, and switches with
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sensors along the feeders. In the embodiments of the inven-
tion, the faulty feeder section are first determined based on
the voltage and current measurements during the fault, and
the possible faulty line type and faulty location are deter-
mined by analysis of the voltage and the current measured
from the faulty feeder section.

Some embodiments of the invention use the distribution
feeder topology for locating a multi-phase faults in an
ungrounded distribution network. According to the number
of measuring points for each feeder section, some embodi-
ments of the invention use a two-ended algorithm for fault
location, while another embodiments use a one-ended algo-
rithm.

Some embodiments of the invention use the measure-
ments available at both ends of the faulty feeder section and
implements a one-ended or two-ended fault location algo-
rithm based on the type of the fault type. Separate one-ended
algorithms are used in an event of double-phase-to-ground,
phase-to-phase, faults, or three-phase faults. A generic two-
ended fault location algorithm is used for the faults in
mainlines. The two-ended algorithm incorporated in the
embodiment of the invention is applicable to all general
cases of multi-phase faults, i.e. double-phase-to-ground,
phase-to-phase faults, or three-phase faults, thus is generic
in approach.

Some embodiments of the invention use measurements
available only at one end of the faulty feeder section. In
some embodiments the measurement sensor might be avail-
able only at the upstream measuring point. With only
one-ended measurement available, one-ended fault location
algorithm is used to determine the fault location in an event
of multi-phase fault.

In some embodiments, the faulted section in a distribution
circuit is identified using a root-mean-square (RMS) current
measured at each switch along a mainline. The switch
measures the fault current for any downstream fault and
indicates no fault current when the fault is upstream from the
switch. Some embodiments of the invention determine the
faulty section by scanning the fault currents measured by
each switch with sensor along the feeder.

Some embodiments of the invention identify the type of
faulted line, i.e. fault at the mainline, or a service drop or
service lateral to a customer. These embodiments take
advantage from the prediction of the fault voltages at each
bus along the mainline using the measurements obtained
from upstream and downstream switches. The voltage and
current measured at the upstream switch is used to obtain the
voltages and currents at each bus along the mainline of the
faulted feeder section using three-phase circuit analysis.
Similarly the voltage and current recorded at the down-
stream switch is used to calculate another set of voltage and
current readings at each bus of the faulted feeder section.
Both set of voltages are used by embodiment to identify the
type of fault.

Some embodiments of the invention are based on a
realization that for faults along the mainline, the voltage and
current measurements are available at both upstream and
downstream switches from sensors. The embodiments use
the voltage measurements available at both switches to
calculate two sets of voltages at each bus along the main line
of the faulty feeder section using three-phase circuit analy-
sis. The two sets of voltages along the mainline are used to
determine the faulty line segment. One embodiment uses an
exact line model thereby avoiding any chance of error in
estimated fault location due to line modeling parameters. A
two-ended fault location algorithm is also deployed to
determine the accurate fault location.
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In some fault cases, measurements are available only at
the switch upstream from the fault location. Also for the
fault in one of the laterals of a feeder section with two-ended
measurements, the voltage determined using both measure-
ments at the bus connected to the lateral can be regarded
only one measurement available for the fault location cal-
culation. Some embodiments use an iterative one-ended
fault location method to determine an accurate fault location.
Because a lateral section can include multiple line segments
with several load taps, the fault location method is imple-
mented sequentially for each line segment.

Some embodiments are based on an observation that the
exact load at each load bus is unknown, and estimate a load
variation parameter using the pre-fault voltage and current
measured at the feeder section under nominal load condition
and under the current loading condition. The load variation
parameter is updated in a small step and fault location
algorithm is executed for each updated load variation param-
eter. The method is repeated until an accurate fault location,
estimate is obtained.

Accordingly, one embodiment of the invention discloses
a method for determining a location of a fault in an
ungrounded power distribution system, wherein the power
distribution, system includes a set of feeders connected to a
substation, wherein each feeder includes a set of feeder
sections, wherein each feeder section starts with an upstream
switch and includes a set of loads connected by line seg-
ments and each line segment includes an upstream bus and
a downstream bus, wherein the fault is a multi-phase fault
including one of a phase-to-phase fault, a double-phase-to-
ground fault and a three-phase fault. The method includes
determining, for a feeder, a furthest feeder section with a
current at an upstream switch above a threshold as a faulty
feeder section; determining a faulty line as a lateral starting
from a first bus of the faulty feeder section if the faulty
feeder section lacks a downstream switch, as a lateral
starting from a faulty bus on a mainline of the faulty feeder
section between the upstream and the downstream switches
of the faulty feeder section if a voltage of the faulty bus
determined based on measurements of the upstream switch
approximately equals a voltage of the faulty bus determined
based on measurements of the downstream switch, or as a
the mainline; determining the location of the fault at the first
bus or at the faulty bus if the lateral has only one bus;
determining, if the faulty line is the lateral and the fault is the
phase-to-phase fault or the double-phase-to-ground fault, the
location, of the fault at a first point on an un-faulty phase of
the lateral where a fault current equals a load current;
determining, if the faulty line is the lateral and the fault is the
three-phase fault, the location of the fault at a point with a
difference between imaginary parts of equivalent fault
impedances at three phases below a threshold; and deter-
mining, if the faulty line is the mainline, a faulty segment of
the faulty line between an upstream bus and a downstream
bus having voltages with substantially opposite phase
angles, and determining the location of the fault at a point
partitioning the faulty segment on two sub-segments with a
ratio of lengths determined based on the voltages at the
upstream and the downstream buses. The steps of the
method are implemented using a processor.

Another embodiment discloses a method for determining
a location of a fault in an ungrounded power distribution,
system, wherein, the power distribution system includes a
set of feeders connected to a substation, wherein each feeder
includes a set of feeder sections, wherein each feeder section
starts with an upstream switch and includes a set of loads
connected by line segments and each line segment includes
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an upstream bits and a downstream bus, wherein the fault is
a multi-phase fault including one of a phase-to-phase fault,
a double-phase-to-ground fault and a three-phase fault. The
method includes determining, for a feeder, a furthest feeder
section with a current at an upstream switch above a
threshold as a faulty feeder section; determining a faulty line
as a lateral starting from a first bus of the faulty feeder
section if the faulty feeder section lacks a downstream
switch, as a lateral starting from a faulty bus on a mainline
of the faulty feeder section between the upstream and the
downstream switches of the faulty feeder section if a voltage
on the bus determined based on measurements of the
upstream switch approximately equals a voltage of the bus
determined based on measurements of the downstream
switch, or as the mainline; determining the location of the
fault on a faulty line segment using a two-ended fault
location method, if the faulty line is the mainline; and
determining the location of the fault on the faulty line
segment using a one-ended method if the faulty line is the
lateral.

Yet another embodiment disclose a system for determin-
ing a location of a fault, in an ungrounded power distribution
system, wherein the power distribution system includes a set
of feeders connected to a substation, wherein each feeder
includes a set of feeder sections, wherein each feeder section
starts with an upstream switch and includes a set of loads
connected by line segments and each line segment includes
an upstream bus and a downstream bus, wherein the fault is
a multi-phase fault including one of a phase-to-phase fault,
a double-phase-to-ground fault and a three-phase fault. The
system includes at least one processor configure for deter-
mining, for a feeder, a furthest feeder section with a current
at an upstream switch above a threshold as a faulty feeder
section; determining a faulty line as a lateral starting from a
first bus of the faulty feeder section if the faulty feeder
section lacks a downstream switch, as a lateral starting from
a faulty bus on a mainline of the faulty feeder section
between the upstream and the downstream switches of the
faulty feeder section if a voltage on the bus determined
based on measurements of the upstream switch approxi-
mately equals a voltage of the bus determined based on
measurements of the downstream switch, or as the mainline;
determining the location of the fault at the first bus or at the
faulty bus if the lateral has only one bus; determining, if the
faulty line is the lateral and the fault is the phase-to-phase
fault or the double-phase-to-ground fault, the location of the
fault at a first point on an un-faulty phase of the lateral where
a fault current equals a load current; determining, if the
faulty line is the lateral and the fault is the three-phase fault,
the location of the fault at a point with a difference between
imaginary parts of equivalent fault impedances at three
phases below a threshold; and determining, if the faulty line
is the mainline, a faulty segment of the faulty line between
an upstream bus and a downstream bus having voltages with
substantially opposite phase angles, and determining the
location of the fault at a point partitioning the faulty segment
on two sub-segments with a ratio of lengths determined
based on the voltages at the upstream and the downstream
buses.

BRIEF DESCRIPTION OF THE DRAWINGS

FIG. 1 is a schematic of an exemplar ungrounded distri-
bution system used by some embodiments of invention;

FIG. 2A and FIG. 2B are block diagrams of methods for
fault location analysis according to some embodiments of
invention;
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FIG. 3 is a schematic of a feeder section with no laterals
connected to the buses (k+1) and (m-1) according to some
embodiments of invention;

FIG. 4 is a schematic of a feeder section with laterals
connected to the buses (k+1) and (m-1) according to some
embodiments of invention;

FIG. 5 is a schematic of a two-ended feeder section
calculating voltage and current for each bus using measure-
ments from both switches according to some embodiments
of invention;

FIG. 6 is a schematic of a feeder section with a fault in the
lateral;

FIG. 7 is a schematic of a feeder section with a fault in the
mainline;

FIG. 8 is a schematic of a line segment with a multi-phase
fault;

FIG. 9 is a schematic of a faulty line segment with a
double-phase-to-ground, fault;

FIG. 10 is a schematic of a faulty line segment with a
phase-to-phase fault;

FIG. 11 is a schematic of a faulty line segment with a
three-phase fault; and

FIG. 12 is a block diagram of a method for fault location
analysis of ungrounded systems with load variation accord-
ing to some embodiments of invention.

DETAILED DESCRIPTION OF THE
PREFERRED EMBODIMENTS

Ungrounded Distribution Systems and Multi-Phase Fault
Location Analysis

FIG. 1 shows an example of an ungrounded power
distribution system 100 with a location 101 of a fault. The
power distribution system includes a set of feeders con-
nected to a substation. Each feeder includes a set of feeder
sections; each feeder section starts with an upstream switch
and includes a set of loads connected by line segments. Each
line segment includes an upstream bus and a downstream
bus. The fault is a multi-phase fault including one of a
phase-to-phase fault, a double-phase-to-ground fault and a
three-phase fault.

For example, the power distribution system 100 includes
a distribution substation in which a three-phase transformer
105 receives electric power from a transmission system, and
provides the power for downstream feeders. The windings of
the transformer 105 are ungrounded, either using
ungrounded WYE or DELTA connection. For example, in
the FIG. 1, the primary winding of the transformer uses the
DELTA connection, and secondary winding uses the
ungrounded WYE connection. The feeder transfers powers
to the loads through three-phase three-wire lines. All loads
can be DELTA connected. Each feeder has one feeder
breaker, and several switches with sensors. Both the break-
ers and switches are measured with three phase-to-ground
voltages and three phase currents

In the example of FIG. 1, the transformer 105 is connected
to three feeders, a feeder 110, a feeder 120 and a feeder 130.
Each feeder can include one feeder breaker at its root, e.g.,
breakers 111, 121, and 131. The feeders can also include
switches defining sections of the feeders. For example, the
feeder 110 includes a switch 114 and a switch 117. The
feeder 120 includes a switch 124 and a switch 127. The
feeder 130 includes a switch 134 and a switch 137.

According to the location of switching and measuring
devices, a feeder can be partitioned into several feeder
sections. For example, the feeder 110 can be partitioned into
three feeder sections, section 112, section 115, and section
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6

118. The feeder section 112 includes all the line segments or
devices between the breaker 111, and the switch 114. The
section 115 is defined by all the line segments or devices
between the switch 114, and the switch 117. The feeder
section 118 is defined as ail line segments or devices
downstream to the switch 117.

FIG. 2A shows a block diagram of a method, for locating
a multi-phase fault in an ungrounded distribution system.
For the mainline of a feeder section with two-ended mea-
surements, a two-ended fault location algorithm is used. The
two-ended algorithm is applicable to all general cases of
multi-phase faults, including phase-to-phase, double phase
to ground, and three-phase faults. For the service laterals
when the two-ended measurements are not available, a
one-ended fault location algorithm is used. Separate one-
ended algorithms are used for double-phase-to-ground,
phase-to-phase and three-phase faults respectively.

After measuring the voltage and current at the breakers
and switches during the fault 210, the method first identifies
the fault type and faulty feeder section 220 and checks if
there are two-ended measurement available 230 for the
faulty feeder section. If there are two-ended measurements
available, the faulty line is further determined to be a line
segment on the mainline, or at a lateral 240.

Based on the type of fault line, the method uses either a
two-ended fault location algorithm 270 or a one-ended fault
location algorithm, 250 to determine the fault location. If
there is only one-ended measurement available, then the
one-ended fault location algorithm 250 is used.

Notably, identifying the faulted line type before detailed
analysis of fault locations makes the fault locating process
fester and less computationally complex. Also, both two-
ended and one-ended fault location methods described
herein make no assumption about the fault impedance, and
hence are suitable for fault location analysis of both bolted
faults and impedance faults.

FIG. 2B shows a block diagram of a method for deter-
mining the location of the fault according to one embodi-
ment of the invention employing the principles of described
for FIG. 2A. For example, the faulty feeder section is
determined 290 as a furthest feeder section with a current at
an upstream switch above a threshold. For example, for the
fault 101, the upstream switch 114 of the section 115 and the
upstream switch 111 of the section 112 would be over-
current, i.e., the measurements of the current on those
switches are unusually high due to the fault.

However, because the section 115 is further from the
beginning of the feeder 110 than the section 112, the section
115 is selected as the faulty feeder section.

Next, the embodiment identify 240 the type of the faulty
line using one or combination of the tests 291-293. For
example, the embodiment; determines 291 a faulty line as a
lateral starting from a first bus of the faulty feeder section if
the faulty feeder section lacks a downstream switch. For
example, if the fault is in the section 118, the entire lateral
starting from the first bus of the switch 117 is selected,
because for this section only one type of measurement of the
switch 117 is available.

Similarly, the embodiment determines 292 a faulty line as
a lateral starting from a faulty bus on a mainline of the faulty
feeder section between the upstream and the downstream
switches of the faulty feeder section if a voltage on the bus
determined based on measurements of the upstream switch
approximately equals a voltage of the bus determined based
on measurements of the downstream switch. For example, if
the fault is in the lateral 150, the faulty bus is the bus 151
on the mainline between the upstream switch 114 and the



US 9,476,930 B2

7

downstream switch 117. In this case, there is also only one
equivalent of the measurement for the faulty bus 151 of the
mainline, and thus the type of the faulty line is the lateral.

Some embodiments determine a first set of voltages at
each bus on the mainline based on measurements of the
upstream switch, e.g., the switch 114, using a three-phase
circuit analysis and determine a second set of voltages at
each bus on the mainline based on measurements of the
downstream switch, e.g., the switch 117, using the three-
phase circuit analysis. Next, the embodiments compare the
voltages in the first set with the voltages in the second set to
check an equality of corresponding voltages in the first and
the second sets.

The result of the comparison can be used in the above
determination 292 and in the determination 293. For
example, The embodiments determine 293 that the fault is in
the mainline if the two sets of voltages determined using
both switches are not approximately equal, i.e., the differ-
ence is less than a threshold, for any of the buses along the
main feeder.

Various embodiments use the knowledge of the faulty
feeder section and the type of the faulty line to select 299 the
appropriate method for determining the location of the fault.
If the faulty line is lateral, one-ended fault location method
250 is used. For example, if the lateral has only one bus, one
embodiment determines 294 the location of the fault at the
first bus or at the faulty bus. If the faulty line is the lateral
and the fault is the phase-to-phase fault or the double-phase-
to-ground fault, one embodiment determines 295 the loca-
tion of the fault at a first point on an un-faulty phase of the
lateral where a fault current equals an equivalent load
current. Also, if the faulty line is the lateral and the fault is
the three-phase fault, one embodiment determines 296 the
location of the fault at a point with a difference between
imaginary parts of equivalent fault impedances at three
phases below a threshold, as described below.

If the faulty line is the mainline, some embodiments use
two-ended fault location method 270. For example, one
embodiment determines 297 a faulty segment of the faulty
line between an upstream bus and a downstream bus having
voltages with substantially opposite phase angles, and deter-
mining the location of the fault at a point partitioning the
faulty segment on two sub-segments with a ratio of lengths
determined based on the voltages at the upstream and the
downstream buses. This embodiment takes advantage from
the measurements provided by both the upstream and down-
stream switches of the mainline.

Identify the Faulted Feeder Section and Fault Type

In one embodiment, the faulted feeder section is deter-
mined based on the phase current measurements at the
switches at its boundaries, and the fault type is determined
using both current and voltage measurements.

The faulted feeder section identification facilitates the
fault location in many ways. First, after the faulty section is
identified, the fault location process runs only for that
section, and not for the entire distribution system, thus
making fault location faster. Second, in case of faults on
multiple feeders, all faulty sections could be identified using
this approach and locations for all the faults can be deter-
mined.

For a feeder section, if there are over-currents occurring
on multiple phases at its upstream switch, but not at its
downstream switches, then there is a multi-phase fault in the
feeder section. The phases that have over-currents are the
faulted phases.
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A phase x is determined as having over-current, if the
following condition is met;

[Ipx
d
Iy

®

>Ixela,b,cl,

wherein II,,| and 1, ,xm’ed are the magnitude of measured
current, and the rated current on phase x at the switch p, T is
the threshold of current ratio of measured current over rated
current used for over current status determination. For
example, the threshold T can be set as 3.0.

If there are three phases having over-currents, then the
fault is a three-phase fault. If there are two phases having
over currents, then the fault is either a phase-to-phase fault,
or a double-phase-to-ground fault. For a two-phase fault if
there is an over-voltage on the un-faulted phase, the fault is
a double-phase-to-ground fault; otherwise it is a phase-to-
phase fault.

A phase x is determined as having over-voltage, if the
following condition is met:

IV, =Vxe{a,b,c} @
Wherein |V, | is the magnitudes of voltages measured at
bus p on the phase x, and V is the threshold of voltage
magnitude used for over voltage status determination. For
example, the threshold V can be set as 1.40 per unit.

Identify Type of the Faulted Line

A feeder section defined by the upstream and downstream
switches with sensors is a two-ended feeder section in the
invention. The examples of the two-ended feeder section
include a section 112 and 115. The fault can be occurring
either at the mainline of the section, i.e., the shortest path
between two switches, or the laterals of the section, i.e., the
portion of feeder section started at the bus on the mainline.

Some embodiments identify the type of faulted line based
on the estimation of the fault voltages at each bus along the
mainline using the measurements obtained from the two
switches. The voltage and current measured at the upstream
switch is used to determine the first set of the voltages and
currents at each bus along the mainline of the faulted section
using three-phase circuit analysis. Similarly, the voltage and
current measured at the downstream switch is used to
determine the second set of fault voltages and currents at
each bus of the faulted section. Both set of voltages are
compared to identify the type of faulty line.

Step-1:

Calculating the fault voltages and currents using the
upstream switch (switch-A) measurements.

FIGS. 3 and 4 shows two examples for calculating voltage
and current of a two-ended feeder section. In FIG. 3, bus k+1
340 is not connected with any laterals. In FIG. 4, bus k+1
440 is connected with a lateral.

Let, V. 5 I Ak be the voltage and current measured at the
upstream switch (Switch-A) during the fault. While calcu-
lating voltage and current at bus k+1 two cases can arise.
One case is that bus k+1 is not connected to a lateral as
shown in FIG. 3, and the other is bus k+1 is connected to a
lateral as shown in FIG. 4.

If bus k+1 is not connected to a lateral as shown in FIG.
3, using the impedance of line segment between bus k and
k+1, z,%, and load impedance matrix at bus k+1, z,**, the
voltage and current at bus k+1 are determined according to:

3
Q)

where, V, A’““ and I ! are the vectors of voltages at bus
k+1 and currents flowing from bus k+1 to bus k+2 deter-
mined using the measurements at the upstream switch A.

F+rl_ i k., k
Vid ™ =Ved =Iizys

Frl_g k_(y kHly-lp el
Lo =TT
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If bus k+1 is connected to a lateral as shown in FIG. 4, the
bus k+1 voltage calculation is same as the previous case.
Hence, V. A’““ is given by equation (3). However to calcu-
late the current flowing in next line segment between bus
k+1 and bus k+2, the current flowing in the lateral I, s
also determined.

Thus, current I, [t is given by equation (5)

If)Ak+1:If)Ak_(ZLk+l)—lVf)Ak+1_If)Akl,

®
where, 1, Akl is the currents flowing into the lateral fed by bus
k+1.

The I, Akl can be determined based on the relationship
between the bus injection currents and bus voltages of all the
buses in the lateral. In the example of FIG. 4, the lateral fed
by bus k+1 includes a set of buses, bus kl+1, kl+2, . . .,
kl+kn.

The voltage and current relationship for the lateral can be
expressed as:

s
, Via (6)
)
oA
=Yiea| T
TS

where, Y, ,,, is the bus admittance matrix determined based
on the impedance of line segments and load impedances for
the lateral connected to bus k+1. Only bus k+1 has current
injection and all other buses do not have injected currents.

Regrouping the set of buses into two sets, one only
includes bus k+1, and the other includes all buses except bus
k+1, and the lateral admittance matrix Y,,,, can also por-
tioned as follows:

o

11 12
Yl,k+l Yl,k+l }
5

Yiprt =[ 21 »
Yijrr Yiin

where, Y, ,.,"" and Y, ,,,>* are the self-admittance matrices
of the first and second set of buses, Yl,k+112 and YUlel are
the mutual-admittance matrices between the first and second
sets of buses respectively.

Based on Equations (6) and (7), the vector of currents on
the lateral can be determined as:

If,Akl:{Yl,k+l11_Yl,k+112(Yl,k+122)71Yl,k+121}Vf,Ak+l

Step-2:

Determining fault voltages and currents using the down-
stream switch (switch-B) measurements.

A similar set of calculations are repeated to obtain voltage
and current at each bus using the measurements obtained
from downstream switch (switch-B). Let, V5™, 1™ be the
voltage and current measured at the switch-B, during fault.
Similar to the previous case while calculating voltage and
current at bus m-1 two cases can arise.

If bus m~1 is not connected to a lateral as shown in FIG.
3, using the line impedance between bus m and bus m-1,
z,/"~*, and load impedance matrix at bus m, z,™, the voltages
at bus m-1 and currents flowing out of bus m-1 is deter-
mined as:

®)

©

Ly =Lz Vg™,

Vme—leme_'_Ime—lzllm—l, (10)
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where, V. 5" 'and L 3m"1 are the vectors of voltages at bus
m-1 and currents flowing from bus m-1 to bus m deter-
mined using the measurements at the downstream switch B.
If bus m-1 is connected to a lateral as shown in FIG. 4,
Lg""and V" are determined using Equations (9) and
(10). However, calculation of current flowing out of bus
m-2, IﬁB’"‘z, 2re?qui.res current flowing in the lateral If,B’"Z.
Current 15"~ is given by
m—l)—lI/ﬂBm—l_'_IﬂBml

an

The current If,B’"Z can be determined using the same
method as discussed for upstream switch measurement.
Following the same procedure, the current IﬁB’"l is deter-
mines by (12):

Ifﬁml:{Yl,m—lll_Yl;nfllz(Yl,mflzz)il Yimt”'} Vf,4m71>

where, Y, 't andY,  _,?*are the self-admittance matrices
of the first and second set of buses, Yl,m_l12 and Yl,m_l21 are
the mutual-admittance matrices between the first and second
sets of buses, and the first set of buses includes only bus
m-1, and the second set of buses include all bus in the lateral
except bus m-1.

The equations are recursively used to calculate voltages at
each bus.

Step-3:

Determining the type of faulty line.

Based on the voltage and current recorded at both
upstream and downstream switches, the voltages at each bus
along the mainline are determined. Thus, two sets of volt-
ages are available at any bus n, V" and V"

FIG. 5 and FIG. 6 show two example of the fault location.
If the fault is in the mainline, as shown in FIG. 5, the
voltages at any bus n, V. " and V ;" corresponding to faulty
phases will not be equal. Therefore, each bus along the
mainline will satisfy (13) for a small threshold 9, for
example, 0.0001.

Vs VgD

L =L ey,

(12)

(13)

If the fault is in the bus or in the lateral connected to a bus,
as shown in FIG. 6, the bus voltage at the bus 1, determined
during fault condition using both switch-A and switch-B
measurements will satisfy (14) for a small threshold d:

HV,ul—VfﬁlH<6 (14)

This condition implies that the voltages determined at the
faulty bus or at the lateral connected to the faulty bus using
the two measurements are approximately equal. If (14) is
satisfied for bus 1, then fault is either at bus 1, or at the lateral
connected to bus 1.

Determining Fault Location

For the mainline of a two-ended feeder section, the
voltage and current readings are available at both ends. For
the laterals and the last section of the feeder only one
measurement is available. Therefore, based on available
voltage and current measurements, both two-ended and
one-ended algorithms are used.

Fault Location of Faults at the Mainlines

FIG. 7 shows the fault 710 is in the mainline and between
buses n, 720 and n+1, 730. Two sets of voltages and currents
are available at both bus n and n+1. Let V5, 790 be the
voltage at the fault location. Then, using circuit analysis the
following equations are obtained:

Vf,An:VFd'dzllnIf,Ana (15)

V"= Vitdz 7 1g" (16)
Vf,4n+l:VF'_(Z_d)lenIf,4n> (17)

Vf,BrHl =V~ (Z_d)zllnIf,Bna

(18)
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where, d is the distance from bus n to the fault location, and
1 is the total length of the line segment between bus n and
bus n+1.

Some embodiments of the invention determining the
faulty segment having a difference in angle differences of
corresponding voltages in the first and the second set deter-
mined at the upstream and downstream buses close to 180
degree. For example, Using (15)~(18), for the faulted line
segment between bus n and (n+1) we obtain:

VA=V d-d) (19)
(Vi -Vig) ~  d
LV - VI =LV} - Vig) =m. (20)

Now, if any two adjacent buses in the main feeder satisfy
(20), then the fault is in the line section between buses n and
n+1. Once the faulted line segment is identified, (19) is used
to calculate the distance to the fault, d. Only the faulted
phases are used for (19) and (20).

Fault Location of Faults at the Laterals

If the fault is in one of the laterals, then the voltage
determined using both measurements at the bus connected to
the lateral, 1 for a two-ended section will be approximately
equal:

Vid =V =V} L.

FIG. 8 shows an example of a lateral having a fault 880.
The lateral can include many line segments with several load
taps, and, in some embodiments, the fault location is imple-
mented sequentially for one line-segment at a time until the
location of the fault is found. The distance to the fault is
measured, e.g., with respect to the upstream bus of the
line-segment. Two separate methods are used for a double-
phase fault (both phase-to-phase and double-phase-to-
ground) and a three-phase fault. For example, if the fault is
the phase-to-phase fault or the double-phase-to-ground fault,
the location of the fault is determined at a first point on an
un-faulty phase of the lateral where a fault current equals an
equivalent load current. If the fault is the three-phase fault,
the location of the fault is determined at a point with a
difference between imaginary parts of equivalent fault
impedances at three phases below a threshold.

FIGS. 9, 10 and 11 show examples of a double-phase-to-
ground fault, phase-to-phase fault and three phase fault. For
any multi-phase fault, fault voltage, current and impedance
are given as:

Vp =V} - Ibdd, 22
Ie=1b-1f (23)

Vi (24)
ZFa,b,c ?

wherein z,/ is the line impedance of the line segment, V. is
the Voltage at the fault location, I is the fault current at fault
location, If is the faulted line current flowing in line seg-
ment, 1,” is the load current flowing during the fault condi-
tion, Z, is the equivalent fault impedance at the fault
locatlon "

Locating Double-Phase Faults

As shown FIGS. 9 and 10, for a double-line fault, one of
the phases is un-faulted. Let’s assume phase b and ¢ are the
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faulted phases, then phase a is the un-faulted phase. The
equivalent load current at phase a will be equal to fault
current at phase a as given by (25). While phase b and phase
¢ (faulted phases) load currents are given by (26).

15 = 4@, 25

. Vi —dl'zl (26)

T (Li-dygy+

wherein z,, q“l is the equivalent load impedance as seen by
the line segment, and determined according to:

! @n

+1 +1 1=
A= (@ @@y

7, is load impedance at bus 1+1 and z ™"
and load impedance downstream bus 1+1.

Some embodiments determine load currents for each
phase using (26) along a line-segment by varying the
distance to fault d. The value of d, for which load current
determined for the un-faulted phase using (26) matches with
the load current value determined using (25) is the estimated
fault location. Next, some embodiments determine distance
to the fault location d from upstream switch. Because, d is
unknown, an iterative process is used to test variation of d
from O to the length of the line segment, L,. The step d is
determined based on the desired accuracy. The process
includes the following steps:

A value of the distance d is set between 0 and L,. Using
Equation (26) one embodiment determines the load current
corresponding to each phase for each value of d. For
un-faulted phase, plot the current difference I'"=||I,>-
Ifl’(“)H, against d, for the entire length of the line segment, 1.
Using the plot, the minimal difference, min(I1**") for the line
segment is determined.

If min(I**")<9, i.e., a fault current equals a load current,
and minimum value does not correspond to the end of the
line segment, then the distance to fault is the corresponding
value of the distance d. Otherwise, the fault is in one of the
next line segments. The fault voltage and current are deter-
mined at the next bus 1+1 using Equations (28) and (29):

is equivalent line

i e8)

Ifl+1 :Ifl_(ZLl+l)—lVfl+l (29)

The above steps are repeated, until a first point on an
un-faulty phase of the lateral where a fault current equals a
load current is found.

Locating Three Phase Fault

As shown in FIG. 11, some embodiments take advantage
from an observation that ideally, the fault impedances are
resistances, or three phases balanced, then the imaginary
parts of equivalent fault impedances at phase a, phase b and
phase ¢ are equal to each other, that is imag(Z; )=
imag(Zz, )=imag(Z ), where Z. , Zr, and Z, are the equiva-
lent faulf 1mpedance at the faulf location for phase a, phase
b, and phase ¢ respectively. Also, load current for each phase
corresponding to an assumed fault distance d is given by
Equation (26).

Some embodiments determine the load currents for each
phase using, e.g., Equation (26) along a line-segment by
varying the distance to the fault, d and determine the
corresponding fault impedance using, e.g., Equation (24).
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Now the value of the distance d that gives minimum
difference in three phase reactance is the estimated fault
location.

The steps to calculate distance to the fault location, d from
upstream switch are as follows: Set d to be a value between
0 and L; Using (26) calculate the load current corresponding
to each phase for each value of d; Using (24) calculate the
equivalent fault impedance (Z., Zp, Z). Next, one
embodiment determines the difference between imaginary
parts of equivalent fault impedances, X -"*" for a set of points
with a different distance d to the location of the fault
according to

Xp"r=limag(Zp )-imag(Zp,)|+/imag(Z,)-imag(Zy )+
limag(Zg )-imag(Zg)!.

For example, one embodiment plots X" verse d, for the
entire length of the line segment, 1 and determines the
minimal difference between imaginary parts, min(X"*") for
the particular line segment. If min(X,"*")<d and minimum
value does not correspond to the end of the line segment,
then the distance to fault is the corresponding d value. Else,
the fault is in one of the next line segments. The fault voltage
and current are determined at the next bus 1+1 using Equa-
tion (28), and Equation (29). Steps of the method are
repeated, until a point with a difference between imaginary
parts of equivalent fault impedances at three phases below a
threshold is found.

Fault Location with Load Variation

In a distribution system the exact load at each load bus is
hardly ever known. The daily variations in load can be up to
certain percentage of its nominal value. Accordingly, some
embodiment determine the fault currents and the load cur-
rents for subsequent line segments in the lateral until the
location of the fault is found, and otherwise determine the
fault currents and the load currents for the line segments of
the lateral with different loads until the location of the fault
is found.

For example, a load variation index is estimated using the
pre-fault voltage and current measured at the substation
under nominal load condition. This is referred as base
impedance Z,,,.,". Now new equivalent impedance is deter-

mined under the current loading condition Z_,,,,., /. A load
variation index A, , is then determined as
(30)

i i
Zcurrent ~ Lhase
Alpgd = ————.
Zbase

The load matrix is updated by multiplying with A, ;. A
fault location algorithm with load variation adjustments is
used. The load variation parameter obtained using Equation
(30) is updated in a small step and fault location algorithm
is executed for each updated load variation parameter. The
method is repeated till an accurate fault location estimate is
obtained.

FIG. 12 shows a flowchart of steps of a method for
locating the fault using load variations. The method includes
the following steps. The method reads 1210 voltage and
current measurements at the switches during the fault and
identifies 1220 the faulted feeder section and fault type. The
method determines 1230 the load variation parameter using
pre-fault measurements at the substation, and checks 1240 if
there is two-ended measurement available for the faulted
feeder section. If the measurements are available, the execu-
tion of the method goes to the step 1260; otherwise, goes to
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the step 1245. In step 1245, the method use one-ended fault
location algorithm to determine the fault location.

The method identifies 1260 the faulted line type and
checks 1265 if the fault at the mainline. If yes, the method
goes to the step 1270; otherwise, goes to the step 1245. In
step 1270, the method uses two-ended fault location method
to determine the fault location. Next, the method checks
1275 if a fault location is found. If yes, the execution of the
method goes to the step 1290; otherwise, goes to the step
1280. In step 1280, the method updates load variation
parameter and the execution is proceed to step 1265. At the
step 1290, the method outputs the fault location results.

The above-described embodiments of the present inven-
tion can be implemented in any of numerous ways. For
example, the embodiments may be implemented using hard-
ware, software or a combination thereof. When implemented
in software, the software code can be executed on any
suitable processor or collection of processors, whether pro-
vided in a single computer or distributed among multiple
computers. Such processors may be implemented as inte-
grated circuits, with one or more processors in an integrated
circuit component. Though, a processor may be imple-
mented using circuitry in any suitable format. The processor
can be connected to memory, transceiver, and input/output
interfaces as known in the art.

Also, the various methods or processes outlined herein
may be coded as software that is executable on one or more
processors that employ any one of a variety of operating
systems or platforms. Alternatively or additionally, the
invention may be embodied as a computer readable medium
other than a computer-readable storage medium, such as
signals.

The terms “program” or “software” are used herein in a
generic sense to refer to any type of computer code or set of
computer-executable instructions that can be employed to
program a computer or other processor to implement various
aspects of the present invention as discussed above.

Use of ordinal terms such as “first,” “second,” in the
claims to modify a claim element does not by itself connote
any priority, precedence, or order of one claim element over
another or the temporal order in which acts of a method are
performed, but are used merely as labels to distinguish one
claim element having a certain name from another element
having a same name (but for use of the ordinal term) to
distinguish the claim elements.

Although the invention has been described with reference
to certain preferred embodiments, it is to be understood that
various other adaptations and modifications can be made
within the spirit and scope of the invention. Therefore, it is
the object of the append claims to cover all such variations
and modifications as come within the true spirit and scope of
the invention.

What is claimed is:

1. A method for determining a location of a fault in an
ungrounded power distribution system, wherein the power
distribution system includes a set of feeders connected to a
substation, wherein each feeder includes a set of feeder
sections, wherein each feeder section starts with an upstream
switch and includes a set of loads connected by line seg-
ments and each line segment includes an upstream bus and
a downstream bus, wherein the fault is a multi-phase fault
including one of a phase-to-phase fault, a double-phase-to-
ground fault and a three-phase fault, comprising:

determining, for a feeder, a furthest feeder section with a

current at an upstream switch above a threshold as a
faulty feeder section;
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determining a faulty line as a lateral starting from a first
bus of the faulty feeder section if the faulty feeder
section lacks a downstream switch, as a lateral starting
from a faulty bus on a mainline of the faulty feeder
section between the upstream and the downstream
switches of the faulty feeder section if a voltage of the
faulty bus determined based on measurements of the
upstream switch approximately equals a voltage of the
faulty bus determined based on measurements of the
downstream switch, or as a the mainline;

determining the location of the fault at the first bus or at
the faulty bus if the lateral has only one bus;

determining, if the faulty line is the lateral and the fault is
the phase-to-phase fault or the double-phase-to-ground
fault, the location of the fault at a first point on an
un-faulty phase of the lateral where a fault current
equals a load current;

determining, if the faulty line is the lateral and the fault is
the three-phase fault, the location of the fault at a point
with a difference between imaginary parts of equivalent
fault impedances at three phases below a threshold; and

determining, if the faulty line is the mainline, a faulty
segment of the faulty line between an upstream bus and
a downstream bus having voltages with substantially
opposite phase angles, and determining the location of
the fault at a point partitioning the faulty segment on
two sub-segments with a ratio of lengths determined
based on the voltages at the upstream and the down-
stream buses, wherein steps of the method are imple-
mented using a processor.

2. The method of claim 1, further comprising

determining a first set of voltages at each bus on the
mainline based on measurements of the upstream
switch using a three-phase circuit analysis; and

determining a second set of voltages at each bus on the
mainline based on measurements of the downstream
switch using the three-phase circuit analysis,

comparing the voltages in the first set with the voltages in
the second set to check an equality of corresponding
voltages in the first and the second sets.

3. The method of claim 2, wherein the faulty line is the
mainline, further comprising:
determining the faulty segment having a difference in
angle differences of corresponding voltages in the first
and the second set determined at the upstream and
downstream buses close to 180 degree; and

determining the location of the fault within the faulty
segment using voltages from the first and the second set
determines for the upstream and the downstream buses
of the faulty segment.

4. The method of claim 3, wherein the determining the
faulty line segment comprises:

determining the faulty line segment between the upstream
bus n and the downstream bus n+1 using

A(I/f)ArH»l_I/fyBrH»l)_A(I/f)An_ Vs

wherein V" is the voltage of the bus n selected from the
first set, V5" is the voltage of the bus n selected from the
second set, V. A"“ is the voltage of the upstream bus n+1
selected from the first set, Vf,B"J'1 is the voltage of the
downstream bus n+1 selected from the second set, Z an
angle, and = is the degree of the angle difference in radians.
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5. The method of claim 3, wherein the determining the
location comprises:
determining the location of the fault within the faulty line
segment according to

nt1 nt1

YiazVig __U=d)
V}‘yA—V}ﬂB d

wherein V. /" is the voltage of the bus n selected from the
first set, V" is the voltage of the bus n selected from the
second set, V. A"“ is the voltage of the upstream bus n+1
selected from the first set, Vf,B"J'1 is the voltage of the
downstream bus n+1 selected from the second set, d is a
distance from a beginning of the faulty line of a length 1 to
the location of the fault.

6. The method of claim 2, wherein the faulty line is the
lateral and the fault is the phase-to-phase fault or the
double-phase-to-ground fault, further comprising:

determining, for a line segment of the lateral, fault volt-

ages, fault currents and impedances at a set of points
along the line segment representing various distances to
the fault from the upstream bus of the line segment;

determining equivalent line and load impedance at a

downstream bus of the line segment;

determining load currents at the set of points for each

phase of the line segment; and

comparing the fault currents and the load currents at

corresponding points to determine the location of the
fault.

7. The method of claim 6, further comprising:

determining the fault currents and the load currents for

subsequent line segments in the lateral until the loca-
tion of the fault is found, and otherwise

determining the fault currents and the load currents for the

line segments of the lateral with different loads until the
location of the fault is found.

8. The method of claim 2, wherein the faulty line is the
lateral and the fault is the three-phase fault, further com-
prising:

determining the equivalent fault impedance using fault

currents and load currents obtained by varying the
distance to the location of the fault; and

determining the difference between imaginary parts of

equivalent fault impedances for a set of points with a
different distance d to the location of the fault according
to

limag(Zg }-imag(Zg, ) 1+|imag(Zg, )-imag(Zx ) 1+|imag
(Zg,)-imag(Zg I,
wherein 7 , 7, and 7 are the equivalent fault impedances
for phase a, phase b and phase ¢ respectively.

9. A method for determining a location of a fault in an
ungrounded power distribution system, wherein the power
distribution system includes a set of feeders connected to a
substation, wherein each feeder includes a set of feeder
sections, wherein each feeder section starts with an upstream
switch and includes a set of loads connected by line seg-
ments and each line segment includes an upstream bus and
a downstream bus, wherein the fault is a multi-phase fault
including one of a phase-to-phase fault, a double-phase-to-
ground fault and a three-phase fault, comprising:

determining, for a feeder, a furthest feeder section with a

current at an to upstream switch above a threshold as a
faulty feeder section;
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determining a faulty line as a lateral starting from a first
bus of the faulty feeder section if the faulty feeder
section lacks a downstream switch, as a lateral starting
from a faulty bus on a mainline of the faulty feeder
section between the upstream and the downstream
switches of the faulty feeder section if a voltage on the
bus determined based on measurements of the upstream
switch approximately equals a voltage of the bus deter-
mined based on measurements of the downstream
switch, or as the mainline;

determining the location of the fault on a faulty line

segment using a two-ended fault location method, if the
faulty line is the mainline; and

determining the location of the fault on the faulty line

segment using a one-ended method if the faulty line is
the lateral.

10. A system for determining a location of a fault in an
ungrounded power distribution system, wherein the power
distribution system includes a set of feeders connected to a
substation, wherein each feeder includes a set of feeder
sections, wherein each feeder section starts with an upstream
switch and includes a set of loads connected by line seg-
ments and each line segment includes an upstream bus and
a downstream bus, wherein the fault is a multi-phase fault
including one of a phase-to-phase fault, a double-phase-to-
ground fault and a three-phase fault, comprising a processor
configure for:

determining, for a feeder, a furthest feeder section with a

current at an upstream switch above a threshold as a
faulty feeder section;
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determining a faulty line as a lateral starting from a first
bus of the faulty feeder section if the faulty feeder
section lacks a downstream switch, as a lateral starting
from a faulty bus on a mainline of the faulty feeder
section between the upstream and the downstream
switches of the faulty feeder section if a voltage on the
bus determined based on measurements of the upstream
switch approximately equals a voltage of the bus deter-
mined based on measurements of the downstream
switch, or as the mainline;

determining the location of the fault at the first bus or at
the faulty bus if the lateral has only one bus;

determining, if the faulty line is the lateral and the fault is
the phase-to-phase fault or the double-phase-to-ground
fault, the location of the fault at a first point on an
un-faulty phase of the lateral where a fault current
equals a load current;

determining, if the faulty line is the lateral and the fault is
the three-phase fault, the location of the fault at a point
with a difference between imaginary parts of equivalent
fault impedances at three phases below a threshold; and

determining, if the faulty line is the mainline, a faulty
segment of the faulty line between an upstream bus and
a downstream bus having voltages with substantially
opposite phase angles, and determining the location of
the fault at a point partitioning the faulty segment on
two sub-segments with a ratio of lengths determined
based on the voltages at the upstream and the down-
stream buses.



